ADDENDUM TO ‘A NEW RESULT ON THE PROBLEM OF BURATTI, HORAK AND ROSA’

ANITA PASOTTI AND MARCO ANTONIO PELLEGRINI

We report in the following tables a linear realization of some lists L = {1¢,2° 3¢ 59} used by the authors to prove the results
of [1], omitted there for sake of brevity. We order the lists according to the Lemmas/Propositions/Theorems in which they are
used. In the second column of the following tables, we write P if the corresponding linear realization is perfect.

LEMMA 3.3
(a,b,c,d) r{1¢,2° 3¢ 54}
(0,2v+4,1,2) [0,...,20,204+5,2v+ 7,20+ 2,20+ 4,2v + 6,20 + 3, ..., 1]
(0,2v+5,1,2) 0,...,20+ 4,204+ 7,20+ 5,20+ 3,20+ 8,20+ 6,2v + 1,...,1]
(0,2v + 3,2,1) [0,...,20,20 4+ 5,20+ 2,2v+ 4,20+ 6,20 + 3,...,1]
(0,2v+4,2,1) 0,...,204+ 2,204+ 7,204+ 5,20+ 3,20+ 6,20+ 4,2v + 1,...,]1]
(0,3,3t +4,1) 0,2,...,3t+ 2,3t +7,...,1,3,...,3t + 6,3t + 8,3t + 5|
(0,3,3t +5,1) 0,2,...,3t+ 8,3t +3,3t + 6,3 +9,3t+7,...,1,3,...,3t
(0,3,3t +6,1) 0,2,...,3t+8,3t+ 10,3+ 7,3t + 4,3t +9,...,3,1,...,3t + 1]
(0,3,3t +2,2) 0,5,...,3t+5,3t+7,...,7,2,4,1,3,...,3t + 6]
( [
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0,3,3t +3,2) 0,5,...,3t+8,3t+6,...,3,1,4,2,7,....3t + 7]

0,3,3t+7,2) 0,3,1,4,6,...,3t+6,3t+11,...,2,7,...,3t + 10,3t + 12,3t + 9]

0,4,3t+1,1) 0,2,...,3t+53t+3,...,3,1,...,3t+ 1,3t + 6,3t + 4]

0,4,3t +2,1) 0,2,...,3t+53t+7,3t+4,3t+6,3t+1,...,1,3,...,3t + 3]

0,4,3t+3,1) 0,2,...,3t+2,3t+7,3t+53t+8,3t+6,...,3,1,...,3t+4]

0,4,3t+2,2) P [0,5,...,3t+53t+7,...,7,2,4,1,3,...,3t + 6,3t + 8]

0,4,3t+3,2) P [0,5,...,3t+8,3t+6,...,3,1,4,2,7,...,3t + 7,3t +9|

0,4,3t +4,2) 0,2,...,3t+53t+10,3t + 7,3t + 9,3t + 6,3t +4,...,1,3,...,3t + 3,3t +§|
1
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LEMMA 3.6
r{17,2% 3¢, 5%}

(

(0,2v+5,0,3)
(0,20 +6,0,3)
(0,5,0,5k + 1)
(0,7,0,5k + 6)
(0,7,0,5k + 3)
(0,7,0,5k +7)

[0,...,20,204+5,2v+ 7,204+ 2,2v+ 4,2v 4+ 6,2v + 8,2v + 3,..., 1],
[0,...,204+4,20+ 9,204+ 7,2v+ 5,20+ 3,20+ 8,2v + 6,2v + 1,..., 1]
[0,...,5Kk5k+2,...,2.4,.... 5k +4,5k +6,...,1,3,...,5k + 3,5k + 5|

[0,...,5k +5,5k+3,...,3,1,...,5k + 6,5k + 8,5k + 13,5k + 11,5k +9,...,4,2,...,5k + 12, 5k + 10]
0,2,4,...,5k +4,5k +6,...,1,3,...,5k+8,5k+10,...,5,7,...,5k + 7,5k + 9]

[0,...,5k + 10,5k + 12,5k + 14,5k + 9,5k +7,...,2,4,...,5k + 4,5k +6,...,1,3,..., 5k + 13,5k + 11]

PROPOSITION 3.7

(a,b,c,d) r{1¢,2° 3¢ 54}

(0,1,3t +6,4) [0,3,8,...,3t+ 11,3t +9,...,6,1,4,7,2,5,10,...,3t + 10]

(0,1,3t +8,4) [0,3,6,1,4,9,...,3t+12,3t +7,...,7,2,...,3t + 11,3t + 13,3t + 10]

(0,1,3t +4,5) [0,5,2,7,...,3t+ 10,3t +8,...,8,3,6,1,4,9,...,3t + 9]

(0,1,3t +6,5) [0,3,8,...,3t+ 11,3t +6,...,6,1,4,7,2,5,10,...,3t + 10,3t + 12,3t + 9]

(0,1,4,5k +2) [0,3,...,5k 43,5k +5,...,5,2,...,5k+7,5k+4,...,4,1,...,5k + 6]

(0,1,5,5k +7) [0,3,...,5k + 13,5k +10,...,5,2,...,5k + 12,5k + 9,5k + 11,...,1,4,...,5k + 4]

(0,1,6,5k +7) [0,3,...,5k +3,5k+6,...,1,4,...,5k + 14,5k +12,...,2,5,...,5k + 10,5k + 13,5k + 8,5k + 11]
(0,1,7,5k +7) [0,3,...,5k+3,5k+6,...,1,4,...,5k+ 9,5k +12,...,2,5,... 5k + 15,5k + 13,5k + 8,5k + 11,5k + 14]
(0,1,4, 5k + 4) [0,3,...,5k+8,5k+5,...,5,2,...,5k+7,5k+9,...,4,1...,5k + 6]

(0,1,5,5k + 4) [0,3,...,5k + 8,5k +10,...,5,2,...,5k + 7,5k +4,...,4,1,... .5k + 6,5k + 9]

(0,1,6,5k + 4) [0,3,...,5k 48,5k + 11,5k + 9,5k +6,...,1,4,...,5k +4,5k +7,...,2,5,...,5k + 10]

(0,1,7,5k + 4) [0,3,...,5k + 8,5k + 11,5k + 6,5k + 9,5k + 12,5k + 7,5k +10,...,5,2,...,5k + 2,5k +4,...,4,1,...,5k + 1]
(0,1,8,5k + 4) [0,3,...,5k+3,5k+6,...,1,4,...,5k+9,5k+12,...,2,5,...,5k + 5,5k + 8,5k + 11,5k + 13, 5k + 10]
(0,1,4,5k + 1) [0,3,...,5k+3,5k+6,...,1,4,...,5k +4,5k +2,...,2,5,...,5k + 5]

(0,1,5,5k + 1) [0,3,...,5k+3,5k+6,...,1,4,...,5k + 4,5k + 7,5k +5,...,5,2,...,5k +2]

(0,1,6,5k + 1) [0,3,...,5k + 3,5k + 6,5k +8,5k+5,...,5,2,...,5k+ 7,5k +4,...,41,... 5k +1]

(0,1,7,5k + 6) [0,3,...,5k+ 13,5k +10,...,5,2,...,5k + 7,5k +4,...,4,1,...,5k + 11,5k + 14,5k + 12,5k + 9]
(0,1,5,5k + 3) [0,3,...,5k +8,5k+5,...,52....5k+7,5k+9,5k+6,...,1,4,... 5k +4]

(0,1,6,5k + 8) [0,3,...,5k+ 13,5k +15,...,5,2,...,5k + 7,5k +4,...,4,1,...,5k + 11,5k + 14,5k + 9, 5k + 12]
(0,1,7,5k + 3) [0,3,...,5k 48,5k 4+ 11,5k + 9,5k +6,...,1,4,...,5k + 4,5k + 7,5k +10,...,5,2,...,5k + 2]
(0,1,6,5k +5) [0,3,...,5k +8, 5k +11,...,1,4,...,5k + 4,5k +7,...,2,5,...,5k + 10,5k 4 12, 5k + 9]

(0,1,7,5k +5) [0,3,...,5k+3,5k+6,...,1,4,...,5k +9,5k +12,...,2,5,...,5k + 10,5k + 13,5k + 11,5k + 8]
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PROPOSITION 3.8

(a,b,c,d) r{1%,2° 3¢ 51}

(0,2,3t + 4,3) [0,2,...,3t+8,3t+3,...,3,1,...,3t+1,3t+6,3t+9,3t+4,3t+7]

(0,2,3t+5,3) 0,2,...,3t+8,3t+3,...,3,1,...,3t + 1,3t + 6,3t + 9,3t + 4,3t + 7,3t + 10]
(0,2,3t+6,3) [0,2,...,3t+5,3t+10,...,1,3,...,3t + 3,3t + 8,3t + 11,3t + 6,3t + 9]

(0,2,3t +3,4) [0,2,.. Bt +2,3t+ 7,3t +4,3t+9,3t+6,3t+1,...,1,3,...,3t + 3,3t + 8,3t + 5]

(0,2,3t +4,4) [0,3,1,6,...,3t4+9,3t+4,...,4,2,...,3t +2,3t + 7,3t + 10,3t + 5,3t + §]

(0,2,3t + 5,4) [0,3,1,6,. 3t+93t+4,...,4,2,...,3t+2,3t+7,3t+10,3t+5,3t+8,3t+11]
(0,2,2,5k + 1) [0,.. 5k+55k+2 v 2,4,...,5k+4,5k+1,...,1,3,...,5k + 3]

(0,2,3,5k + 1) [0,...,5k+5,5k+2,...,2,4,...,5k+ 4,5k +1,...,1,3,...,5k + 3,5k + 6]

(0,2,4,5k + 1) [0,2,. .,5k+2,5kz+5,...,5,3,...,5k+3,5k+6,...,1,4, .5k + 4,5k + 7]

(0,2,5,5k + 1) [0,3,...,5k+3,5k+1,...,1,4,...,5k + 4,5k +7,...,2,5,...,5k + 5,5k + 8,5k + 6]
(0,2,6,5k + 1) [0,3,...,5k+3,5k+1,...,1,4,...,5k + 4,5k +7,...,2,5,...,5k + 5,5k + 8,5k + 6,5k + 9]
(0,2,2,5k) [0,...,5k,5k+3,...,3,1,....5k+ 1,5k +4,...,4,2,...,5k + 2]

(0,2,3,5k) [0,...,5k,5k +3,...,3,1,...,5k+ 1,5k +4,...,4,2,...,5k + 2,5k + 5]

(0,2,4,5k +5) 0,2,...,5k+ 7,5k +10,...,5,3,...,5k + 8,5k + 11,5k + 6,5k + 9,...,4,1,...,5k + 1]
(0,2,5,5k +5) 0,3 ..,5k+3,5k+6,...,1,4,...,5k—|—9,5k+11,5k+8,5k+10,...,5,2,...,5k—|—12}
(0,2,4,5k +2) [0,3,...,5k+3,5k+5,...,5,2,...,5k + 7,5k +4,...,4,1,...,5k + 6,5k + 8]

(0,2,5,5k +2) [0,3,...,5k +3,5k+1,...,1,4,...,5k + 9,5k + 6,5k + 8,5k +5,...,5,2,...,5k + 7]
(0,2,6,5k +2) 0,3 ..,5k+8,5k+57...,572,...,5k+2,5k+4,...,4,1,...,5k+6,5k+9,5k+7,5k+10]
(0,2,7,5k +2) [0,3,...,5k + 3,5k + 6,5k + 9,5k + 11,5k + 8,5k + 10,...,5,2,...,5k + 7,5k + 4,...,4,1,...,5k + 1]
(0,2,3,5k +4) [0,3,...,5k +8,5k+6,...,1,4,...,5k+9,5k+7,...,2,5,...,5k + 5]

(0,2,4,5k +4) [0,2,5 ., 5k 4+ 10,5k +7,...,7,4,...,5k+9,5k +6,...,1,3,...,5k + §]

(0,2,5,5k +4) [0,2,5,...,5k + 10,5k +7,...,7,4,...,5k +9,5k +6,...,1,3,... 5k + 8, 5k + 11]
(0,2,4,5k + 3) [0,2,5,...,5k+5,5k+8,...,3,1,...,5k +6,5k+9,...,4,7,...,5k + 7]

(0,2,5,5k + 3) 0,2,5,...,5k + 5,5k +38,...,3,1,...,5k+ 6,5k +9,...,4,7,...,5k + 7,5k + 10]

(0,2,6,5k + 3) 0,2,5,...,5k + 10,5k +7,...,7,4,...,5k + 4,5k + 1,...,1,3,...,5k + 8,5k + 11,5k + 6,5k + 9]
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THEOREM 2.3
r{l“ 20,3¢, 54}

(

(0,3,1,5k)
(0,3,1,5k + 1)
(0,3,1,5k + 2)
(0,3,1,5k + 4)
(0,3,2,5k)
(0,3,2,5k + 1)
(0,3,2,5k + 2)
(0,3,2,5k + 3)
(0,3,2,5k + 4)
(0,3,3,5k)
(0,3,5,5k + 2)
(0,3,3,5k + 3)
(0,3,3,5k + 4)
(0,3,3,5k + 6)
(0,3, 4, 5k)
(0,3,4,5k + 1)
(0,3,4,5k + 2)
(0,3,4,5k + 3)
(0,3,4,5k + 4)
(0,3,5,5k + 2)
(0,4,1,5k + 3)
(0,4,2,5k + 3)
(0,4,3,5k + 3)
(0,4,4,5k + 3)
(0,4,5,5k + 3)
(0,5,1,5k + 3)
(0,5,2,5k + 3)
(0,5,3,5k + 3)
(0,5,4,5k + 3)
(0,6,1,5k + 3)
(0,4,1,5k + 2)
(0,5,1,5k + 2)
(0,6,1,5k + 2)

P

0,...,5k,5k+2,...,2,4,... 5k+4,5k+1,...,1,3,...,5k + 3|

[0, 5k+5,5k+3,...,3,1,...,5k+1,5k+4,...,4,2,...,5k+2]
[0,...,5k+5,5k+2,...,2,4,...,5k+4,5k+6,...,1,3,...,5k+3]
[0,....5k+5,5k+8,....3,1,...,5k+6,5k+4,...,4,2,....5k+7
0,2,...,5k+2,5k+5,...,5,3,....5k+3,5k+1,....1,4,... 5k +4]
0,2,...,5k+2,5k+4,...,4,1,...,5k+6,5k+3,...,3,5,...,5k+ 5]
0,2,...,5k+7,5k+5,...,5,3,...,5k+3,5k+6,...,1,4,...,5k+4]
0,2,...,5k+7,5k+4,...,4,1,...,5k+6,5k+8,...,3,5,...,5k+ 5]
[0,...,5k+5,5k+8,...,3,1,...,5k+6,5k+9,5k+7,...,2,4,... 5k + 4]
0,2,....5k+2,5k+5,...,5,3,....,5k+3,5k+6,5k+4,...,4,1,... 5k+1]
0,2,...,5k+2,5k+5,...,5,3,...,5k+8,5k+6,...,1,4,...,5k+4,5k + 7]
0,2,...,5k+7,5k+09,...,4,1,...,5k+6,5k+3,...,3,5,...,5k+5,5k + 8§
[0,...,5k+5,5k+8,5k+10,5k+7,...,2,4,...,5k+9,5k+6,...,1,3,...,5k+ 3]
0,2,...,5k+12,5k+9,...,4,1,... 5k + 11,5k + 8,5k + 10,...,5,3,...,5k + 3|
[0,2,5 5k +5,5k+7,...,7,4,...,5k+4,5k+1,...,1,3,....5k + 3,5k + 6]

0,3 5k+3,5k+1,...,1,4,...,5l<:+4,5k+6,5k+8,5k+5,...,5,2,...,5k+7]
[025 5k +5,5k+8,...,3,1,...,5k+6,5k+9,5k+7...,7.4,...,5k+4]

0,3 ,5k+8,5k+10,...,5,27...,5k+2,5k+47...,471,...,5k+6,5k+9,5k+7]
0,2,....5k+7,5k+10,...,5,3,...,5k+3,5k+6,...,1,4,... 5k +9,5k + 11,5k + §]
[o, 5k+5 5k + 8, 5k+10 5k+7 .,2,4,1,3,... 5k +3,5k+6,...,6,9,...,5k+9]
0,2,...,5k+7,5k+5,...,5,3,...,5k+8,5k+6,...,1,4,...,5k+4]

[024 . 5k+9,5k+6,...,1,3,... 5k +8,5k+5,...,57,...,5k+1]

[024 5k +9,5k+6,...,1,3,...,5k+8,5k+5,...,5,7,...,5k + 7,5k + 10|

0,3 5k+8,5k+10,5k+7,5k+9,5k;+11,...,1,4,...,5/<:+4,5k+2,...,2,5,...,5k+5]
[0352 .5k +7,5k+9,5k+ 12,5k +10,...,10,8,...,5k + 8,5k +11,...,1,4,...,5k + 4]
(0,2, 4,. 5k+95k+7 ,7.5,. 5k+55k+8,...,3,1,...,5k+6]

[o,.. 5k+105k+85k+65k+95k+7 5k +4,5k+1,...,1,3,...,5k + 3]
[0,2,...,5k+ 7,5k + 10,5k + 8,5k + 5, . 53 5k+3,5k+1,...,1,4,...,5k+9,5k+11,5k+6]
[0,2,.. 5k+125k+95k+115k+85k+10 ,5,3,...,5k+3,5k+6,5k+4,....4,1,...,5k+1]
0,2,...,5k+7,5k+09,. 4,1,...,5k—|—1,5/<;+3,...,3,5,...,5k+10,5k+8,5k+6]
[0,.. 5l<:+55k+7 5k +4,5k+6,5k+3,...,3,1,...,5k+1]
0,2,...,5k+2,5k +4,. 4,1,...,5k+6,5k+8,...,3,5,...,5k+5,5k+7]
0,2,...,5k+2,5k+4,...,4,1,...,5k+6,5k+8,...,3,5,...,5k + 5,5k + 7,5k + 9]
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(a,b,c,d) r{12,2b 3¢ 51}

(0,7,1,5k 1 2) 0,2.4,...,5k + 4,5k 1 6, 5k:+975k+7,...,7,5,...,5k+10,5k+8,...,3,1,...,5k+1]
(0,4,2, 5k + 2) 0. 5k +5,56+T,. Bk 4,5k +1,...,1,3,....5k + 3,5k + 6,5k + 8]

(0,5,2, 5k + 2) 0,2, .,5k+2,5k+4,...,4,1,...,5k+6,5k+9,5k+7,5k+5,...,5,3,...,5k+8]

(0,6,2, 5k + 2) (0,2, ... 5k + 2,5k +4,...,4,1,....5k + 6,5k + 9,5k + 7,5k + 5,...,5,3,...,5k + 8,5k + 10]
(0,4,3,5k + 2) [0,...,5k+5,6k+8,5k+6,6k+9,5k+7,...,2,4,...,5k+4,5k+1,...,1,3,...,5k + 3]
(0,5,3,5k +2) [0,2,...,5k+2,5k+4,...,4,1,...,5k + 6,5k +9,5k + 7,5k + 10,5k +8,....3,5,...,5k + 5]
(0.4, 1,5k + 6) [0, Bk 10,5k +7,..., 2,4, ..., 5k + 9,5k + 11,5k + 6,5k +8,...,3,1,....5k + 1]
(0,4,2,5k + 1) (0,2, ... 5k + 7,5k +5,....5,3,....5k +3,5k + 6,5k +4,....4,1,....5k+1]

(0,4,3,5k + 1) (0,2, 5k + 7,5k +4, ..., 4,1,...,5k+1,5k+3,....3,5,...,5k+5,5k+8, 5k + 6]
(0,5,1,5k + 1) [024 Bk 45k, 7,5, Bk 45,5k +3,...,3,1,...,5k+ 6]

(0,5,2,5k + 1) [0,2,5, ..., 5k + 5,5k + 7., T, 4. ., 5k + 4,5k + 6,5k +8,....3,1,....5k + 1]

(0,5,3,5k + 1) [0,2,4,...,5k +4,5k+1,...,1,3,...,5k + 85k +5,....5,7,...,5k + 7,5k +9, 5k + 6]
(0,6,2,5k + 1) [0,2,4 kA Bkl 1.3, 5k 8.5k +6.5k+9,5k 4T, .75 .. 5k+5]
(0,4, 1,5k) 0.2 5k+ 2.5k + 4, A1.... 5k+1.5k+3 .35, .. 5k+5]

(0,4, 2, 5k) 0.2, 5k+2.5k+5, . 53 5k+35k+1. .14 . 5k+45k+06]

(0,4,3,5k) (0.2,5, . 5k +5,5k+ T0oo oAy 5+ 4,5k + 6,5k +3,....3,1,....5k + 1]

(0,4, 4, 5k) [0,2,5,...,5k - 5,5k +T,... T, 4y 5k + 4,5k +1,...,1,3,....5k + 3,5k + 6,5k + 8|
(0,5, 1,5k +5) 0, 5k+10,5k 18, .. 3.1, 5k+11,55+9,5k+ 7,5k + 4. 4.2,....5k+2]
(0,5,2,5k + 5) [0, 5k 455613, .81, 5k + 11,5k + 8,5k + 10,5k + 12,5k + 9, . ... 4,2, ... 5k +1]
(0,5,3, 5k) 0 5k Bk 42, 2.4 Bkt A5k 41, 1,8, 5k + 3,5k + 6,5k + 8, 5k + 5. 5k + 7]
(0,6, 1,5k + 5) 0.2, 5k + 12,5k + 10,53, .5k + 3.5k + 1.....1,4,..., 5k +9, 5k + 11,5k + 6, 5k + §]
(0,4, 1,5k + 4) 0,2, ..., 5k + 7,5k +5,....5,3,....5k + 8,5k +6,...,1,4,...,5k +9]

(0,4,2, 5k + 4) 0, .. 5k+55k+75k+105k+8 (3,1,...,5k+6,5k+9,...,4,2,... 5k +2]
(0,4,3,5k + 4) [0,...,5k + 10,5k + 7, . kA Bk 41, 1,3,... 5k+8,5k+6 5k +9,5k+11]
(0,5, 1,5k + 4) 0.2,4,..., 5k +9,5k+6,. 13 5k 48,5k +10,...,5,7,...,5k +7]

(0,6,1,5k +4) 0, 5k + 10,5k + 8,5k + 6,5k + 11,5k + 9.5k + 7, .24 .5k + 4,5k +1,...,1,3,....5k+3]
(0,5,2, 5k + 4) 0.2, 5k +2,5k+4,.. A1, 5k+11,5k+9,5k+7.5k+10,....5.3,....5k +8]
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PROPOSITION 3.9

(a,b,c,d) r{1e 20 3¢ 5d}

(1,0,3t +5,3) 0,3,6,1,4,9,...,3t+9,3t +8,...,2,7,...,3t +7]

(1,0,3t +6,3) 0,3,6,1,4,9,...,3t+ 9,3t +10,...,7,2,...,3t + 8§

(1,0,3t+7,3) 0,3,6,1,4,9,...,3t+9,3t +10,...,7,2,...,3t + 11]

(1,0,3t +5,4) [0,3,8,.. 3t+8,3t+9,...,6,1,4,7,2,5,10,...,3t+10]

(1,0,3t +6,4) [0,3,8,...,3t + 11,3t +10,...,10,5,2,7,4,1,6,...,3t + 9]

(1,0,3t + 7,4) [()38 3t 11,3t +12,...,6,1,4,7,2,5,10,...,3t + 10]

(1,0,4,5k + 1) 0,3 .,5k+3,5kz+6,...,1,4, 5k 44,5k +5,...,5,2,...,5k + 2]

(1,0,5,5k + 1) [0,3,...,5k + 3,5k + 6,5k +5,...,5,2,...,5k+ 7,5k +4,...,4,1,...,5k + 1]

(1,0,6,5k + 1) [0,3,...,5k + 3,5k +6,...,1,4,...,5k + 4,5k + 7,5k + 8,5k +5,...,5,2,...,5k + 2]
(1,0,7,5k + 1) [0,3,...,5k + 3,5k 4+ 6,5k 4+ 9,5k + 8,5k +5,...,5,2,...,5k + 7,5k +4,...,4,1,...,5k +1]
(1,0,3,5k + 2) [0, 5k+5 5k+2,...,2,3,...,5k+ 3,5k +6,...,1,4,...,5k + 4]

(1,0,5,5k + 2) [014 5k +4,5k+7,...,2,5,...,5k +5,5k+8,...,3,6,...,5k + 6]

(1,0,6,5k + 2) [014 5k +4,5k+7,...,2,5,...,5k+ 5,5k +8,...,3,6,...,5k + 6,5k + 9]

(1,0,7,5k +7) [036,1,4 .5k 4+ 14,5k + 15,5k +12,...,2,5,...,5k + 10,5k + 13,...,8,11,...,5k + 11]
(1,0,4, 5k + 5) [o,.. 5I<;+105k+7 cy2,1,4,...,5k+9,5k +6,...,6,3,...,5k + 8]

(1,0,5,5k + 5) [0,3,. .,5k+8,5k+11,...,1,4,...,5k+4,5k+7,...,2,5,...,5k+10,5k+9]

(1,0,6,5k + 5) [0,3,...,5k+ 3,5k +6,...,1,4,...,5k + 9,5k + 12,...,2,5,...,5k + 10,5k + 11,5k + §]
(1,0,7,5k +5) 0,3,...,5k+8,5k+11,...,1,4,...,5k+ 4,5k +7,...,2,5,...,5k + 10,5k + 13,5k + 12,5k + 9]
(1,0,3,5k + 4) [0,...,5k+5,5k+8,...,3,2....,56k+7,5k+4,...,4,1,...,5k + 6]

(1,0,4, 5k + 4) [0,3,...,5k+8,5k+5,...,5,2,...,5k+7,5k+6,...,1,4,...,5k + 9

(1,0,5,5k + 4) [0,3,...,5k+ 8,5k +9,5k+6,...,1,4,...,5k +4,5k+7,...,2,5,...,5k + 10]

(1,0,6,5k + 4) [0,3,...,5k + 8,5k +5,...,5,2,...,5k + 7,5k + 10,5k + 11,5k + 6,5k +9,...,4,1,...,5k + 1]
(1,0,7,5k + 4) 0,3,...,5k +3,5k+6,...,1,4,...,5k+9,5k +12,...,2,5,...,5k + 5,5k + 8,5k + 11, 5k + 10]
(1,0,5,5k + 3) 0,3 ..,5k+8,5k+9,5k+6,...,1,4,...,5k+4,5k:+77...,2,5,...,5k+5]

(1,0,6,5k + 3) [0,3,...,5k + 3,5k +6,...,1,4,...,5k+ 9,5k + 8,5k +5,...,5,2,...,5k + 7,5k + 10]
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ProrosiTIiON 3.10

(a,b,c,d) r{1¢,2° 3¢ 54}

(1,1,3t+3,1) [0,...,3t,3t+5,. J1,...,3t+4,3t+ 6,3t + 3]

(1,1,3t+4,1) [032 3t+5,3t+7,...,1,6,...,3t+6]

(1,1,3t+5,1) [0,3,2,...,3t+8,3t+6,...,6,1,...,3t+ 7]

(1,1,3t +5,2) o,.. 3t+9 3t+4,...,1,2,.. 3t+2 3t+7,3t+ 5,3t + 8]

(1,1,3t +5,3) [0,5,2,38 3t+8,3t—|—10,...,1,6,...,3t+9]

(1,1,2,5k) [0,...,5k, 5k+3 ,3,2,...,0k+2,5k+4,...,4,1,...,5k +1]

(1,1,2,5k + 1) [o,.. 5k+5,5k+2,...,2,3,...,5k+3,5k+1,...,1,4,...,5k+4}

(1,1,2,5k + 3) [0,...,5k+5,5k+3,...,3,2,...,6k+7,5k+4,...,4,1,...,5k + 6]

(1,1,3,5k) [0,3,...,5k+3,5k+1,...,1,4,...,5k+ 4,5k +5,...,5,2,...,5k + 2]

(1,1,3,5k + 1) [0,...,5k+5,5k+2,...,2,3,...,5k+ 3,5k + 6,5k +4,...,4,1,...,5k + 1]

(1,1,3,5k + 2) [0,...,5k+5,0k+7,5k+4,...,4,1,...,5k+6,5k+3,...,3,2,...,5k + 2]

(1,1,3,5k + 3) [0,...,5k+5,5k+8,5k+6,...,1,4,...,5k+4,5k+7,...,2,3,...,5k + 3]

(1,1,3,5k + 4) [0,...,5k+5,6k+7,...,2,1,4,...,5k+ 9,5k +6,...,6,3,...,5k + §]

(1,1,4,5k) [0,3,.. 5k+35k:+6 5k+4 4,100 8k + 1,5k +2,...,2,5,...,5k + 5]
ProposiTION 3.11

(a,b,c,d) r{12,2b 3¢ 51}

(1,2,3t+2,1) 0,...,3t+3,3t+5,...,2,1,...,3t+ 1,3t + 6,3t + 4]

(1,2,3t+3,1) [0,2,...,3t+2,3t+7,...,1,3,...,3t+6,3t+5]

(1,2,3t+4,1) P 0,2,... 3t+2,3t+7,...,1,3,...,3t+6,3t+5,3t+8]

(1,2,3t+3,2) [0,2,5,3,8,...,3t+83t+7,...,1,6,...,3t + 6]

(1,2,3t+4,2) P [0,2,5,3,8,...,3t+83t+7,...,1,6,...,3t+ 9]

(1,2,3t+5,2) P [0,2,5,3,8,...,3t+8,3t+09,...,6,1,...,3t + 10]

(1,2,1,5k) P o,.. ,5k,5k+2,...,2,3,...,5k+3,5k+1,...,1,4,...,5k+4]

(1,2,1,5k + 1) [0,...,5k+5,5k+2,...,2,4,...,5k+4,5k+3,...,3,1,...,5k + 1]

(1,2,1,5k+2) P [0,...,5k+5,5k+2,...,2,4,...,5k+4,5k+3,...,3,1,...,5k + 6]

(1,2,1,5k + 4) [0,...,5k+5,56k+8,...,3,1,...,5k+6,bk+7,...,2,4,...,5k + 4]

(1,2,2,5k+2) P [O,...,5k+5,5k:+6,5k+3,...,3,1,...,5k;+1,5k—|—4,...,4,2,...,5k+7}

(1,2,2,5k+3) P [0,...,5k+5,5k+3,...,3,2,...,5k+ 7,5k +4,...,4,1,...,5k + 6,5k + §]

(1,2,2,5k + 4) [0,...,5k+5,5k+7,...,2,3,...,5k+8,5k+6,5k+09,...,4,1,...,5k + 1]

(1,2,3,5k+3) P [0,2,5,...,5k+5,5k+8,...,3,1,...,5k+6,5k+7,...,7,4,...,5k + 9]
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ProrosITION 3.12

(a,b,c,d) r{1¢,2° 3¢ 51}
(1,20 +6,0,1) 0,2,4,6,1,...,20+7,2v+8,...,8]
(1,20 +7,0,1) 0,2,4,6,1,...,20+9,2v+8,...,8]
(1,3,0,5k) [0,...,5k,5k+2,...,2,4,...,5k + 4,5k +3,...3,1,...,5k + 1]
(1,3,0,5k + 1) [0,.. 5k+5,5k+3,...,3,1,...,5k+1,5k:+2,..., ., bk + 4]
(1,3,0,5k + 3) [0,...,5k+5,5k+7,...,2,4,...,5k +4,5k+3,...,3,1,...,5k + 6]
(1,4,0,5k) [0,2,...,5k+2,5k+4,...,4,5,...,5k+5,5k+3,...3,1,...,5k + 1]
(1,4,0,5k+1) P [0,...,5k+5,5k+3,...,3,1,...,5k+1,5k+2,...,2,4,...,5k + 4,
(1,4,0,5k + 2) [0,1,.. ,5k+6,5k+47...,472,...,5k+7,5k+5,...,5,3,...,5k+3]
(1,5,0,5k) [0,...,5k 5k+2,. ...,bk+4,5k+6,5k+5,5k+3,...,3,1,...,
(1,5,0,5k + 2) [0,2,.. 5k+75k+5 .,5,4,...,5k+4,5k+6,5k+8,...,3,1,...,
(1,6,0,5k) [0,.. 5k5k+2 2,4,...,5k+4,5k+6,5k+7,5k+5,5k+3,...,
(1,6,0,5k + 2) [02,1,3 5k+8,5k+6,...,6,4,...,5kz+9,5k+7,...,7,5,...,5k+5}
LEMMA 3.13
(a,b,c,d) r{12,2b 3¢ 54}
(2,0,2,5k) P [0,...,5k,5k+3,...,3,2,...,5k+2,5k+1,...,1,4,...,5k + 4]
(2,0,2,5k + 1) [0,...,5k+5,5k+2,...,2,1,...,5k + 1,5k +4,...,4,3,...,5k + 3]
(2,0,2,5k+2) P [0,...,5k+5,5k+2,...,2,3,...,5k+3,5k+4,...,4,1,...,5k+6]
(2,0,2,5k+3) P [0,...,5k+5,5k+4,...,4,1,...,5k+6,5k+3,...,3,2,...,5k +7]
(2,0,2,5k+4) P [0,...,5k+55k+6,...,1,4,....5k+4,5k+7,...,2,3,...,5k + 8]
(2,1,1,5k) [O,...,5k,5k+1,...,1,4,...,5k+45k+2 23...,5k+3]
(2,1,1,5k + 1) [O,...,5k+5,5k+27...,2,1,...,5k+1,5k+3,...,3,4,...,5k—|—4]
(2,1,1,5k 4+ 2) [0,...,5k+5,5k+2,...,2,1,...,5k + 6,5k +4,...,4,3,...,5k + 3]
(2,1,1,5k + 3) [0,...,5k+5,5k+7,...,2,1,...,5k + 6,5k +3,...,3,4,...,5k + 4]
(2,1,1,5k + 4) [0,...,5k +5,5k+8,...,3,4,...,5k +4,5k +6,...,1,2,...,5k + 7]
(2,2,0,5k) P [0,...,5k,5k+1,...,1,3,...,5k + 3,5k +2,...,2,4,...,5k + 4]
(2,2,0,5k + 1) [0,...,5k+5,5k+3,...,3,4,...,5k +4,5k +2,...,2,1,...,5k + 1]
(2,2,0,5k+2) P [0,...,5k+55k+3,...,3,4,...,5k+4,5k+2,...,2,1,...,5k + 6]
(2,2,0,5k+3) P [0,...,5k+5,5k+6,...,1,3,...,5k+3,5k+4,...,4,2,...,5k +7]
(2,2,0,5k+4) P [0,...,5k+5,5k+4,...,4,2,....5k+7,5k+6,...,1,3,...,5k + 8]
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(a,b,c,d) r{12,2b 3¢ 51}
(2,0,3t +3,1) [0,3,2,...,3t+53t+6,...,6,1,...,3t+4]
(2,0,3t +4,1) [0,3,2,...,3t+53t+6,...,6,1,...,3t+7]
(2,0,3t +5,1) [032 L3t +83t+7,...,1,6,...,3t+ 6]
(2,0,3,5k) [0,3 5k+35k+4 L4105k + 1,5k +2,...,2,5,...,5k + 5]
(2,0,3,5k + 1) [0,3,...,5k+3,6k+2,...2,5,...,56k+55k+4,...,4,1,...,5k + 6]
(2,0,3,5k + 3) [0,3,...,5k+8,5k+7,...,2,5,...,5k+5,0k+6,...,1,4,...,5k + 4]
(2,1,2,5k + 2) [0,3,...,5k +3,5k+5,...,5,4,...,5k+4,5k+7,...,2,1,...,5k + 6]
(2,1,2,5k + 4) [O, 5k+5 5k+7,...,2,3,...,5k+8,5k+ 9,5k +6,...,1,4,...,5k + 4]
(2,2,1,5k + 3) 0,...,5k+5,5k+3,...,3,4,..., 5k +4,5k+7,...,2,1,...,5k + 6,5k + §]
(2,3,0,5k + 2) [0,2,...,5k+7, 5k+5 ,0,4,...,5k+4,5k+3,...,3,1,...,5k + 0]
(2,3,0,5k +4) [o,.. 5k+5,5k:+7,5k+9,...,4,3,...,5k+8,5k+6,...,1,27...,5k+2]
LEMMA 3.14
(a,b,c,d) r{1,2% 3¢ 5%}
(3,0,1,5k) [0,...,5k,5k+1,...,1,4,...,5k+4,5k+3,...,3,2,...,5k + 2]
(3,0,1,5k + 1) [0,...,5k+5,5k+4,...,4,1,...,5k+ 1,5k +2,...,2,3,...,5k + 3]
(3,0,1,5k + 2) [0,...,5k+575k+6,...,1,47...,5k+4,5k+3,...,3,2,...,5k+2]
(3,0,1,5k + 3) [0,...,5k+5,5k+6,...,1,2,...,56k+ 7,5k +4,...,4,3,...,5k + 3]
(3,0,1,5k + 4) [O,...,5I<;+5,5k+6,...,1,2,. ., 5k +7,5k+4,...,4,3,...,5k + 8]
(3,1,0,5k) [0,...,5k,5k+1,...,1,2,...,5k + 2,5k +4,. 43...,5k+3]
(3,1,0,5k + 1) [0,...,5k+5,5k+4,...,4,3,...,5k+3,5k+1,...,1,2,...,5k+2]
(3,1,0,5k + 2) [0,...,5k+5,6k+6,...,1,2,...,56k+2,5k+4,...,4,3,...,5k + 3]
(3,1,0,5k + 4) [0,...,5k+5,6k+4,...,4,3,...,5k+85k+6,...,1,2,...,5k+ 7]
(4,0,0,5k) [0,...,5k,bk+1,...,1,2...,5k+ 2,5k +3,...,3,4,...,bk + 4]
(4,0,0,5k + 1) [0,...,5k+5,5k+4,...,4,3,...,5k+3,5k+2,...,2,1,...,5k 4+ 1]
(4,0,0,5k + 2) [0,...,5k+5,5k+6,...,1,2,...,5k+2,5k+3,...,3,4,...,5k + 4]
(4,0,0,5k + 4) [0,...,5k+5,5k+4,...,4,3,...,5k+85k+7,...,2,1...,5k + 6]
(4,1,0,5k + 3) [0,...,5k+5,5k+6,...,1,2,...,56k+2,5k+4,...,4,3,...,5k + 8,5k + 7]
(5,0,0,5k + 3) 0,...,5k +5,5k+4,...,4,3,...,5k + 8,5k + 7,56k +6,...,1,2...,5k + 2]
THEOREM 2.4
(a,b,c,d) r{17,2% 3¢,5%}
(1,3,1,5k + 3) [0,...,5k+5,5k+8,5k+6,...,1,3,...,5k+3,5k+4,...,4,2,...,5k 4+ 7]
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